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Abstract 

This case study in mathematical conceptualization investigates selected aspects of the music- theoretical 
meaning of the term `subdominant'. The subject will be approached from three sides. Gottlob Frege's 
distinction between sense and reference as two types of meaning serves as a unifying idea for this investigation. 
[In a celebrated example Frege points out, that the expressions `morning star' and `evening star' have the same 
referent, namely the planet venus. And he observes that the proposition `morning star = morning star' is trivially 
true, while the proposition `morning star = evening star' expresses a true insight. Therefore, he argues, the 
sense of `morning star' must be different from the sense of `evening star'.] 

(1) The term `subdominant' lends itself in a special way for an illustration of that distinction. Based on the 
historical meanings of the term `subdominant' a new concept is introduced and investigated: the diazeuctic 
scale, a well-formedly generated scale modulo octave, whose diazeuxis (the difference interval between 
generator and cogenerator) is a step interval. This concept encompasses precisely those scales, where the two 
senses of `subdominant' intersect: Jean-François Dandrieu's (1719) suggests a mode of presentation where 
reference is being made to the scale degree below the dominant. Jean-Phillippe Rameau (1726) adopts the term 
in order to underlay it with a different mode of presentation, namely as a scale degree a fifth below the tonic. 
Both senses are instances of complementary paradigmatic tone relations and deserve to be studied in 
combination. In analysis they interact with syntagmatic relations such as pre-dominant or post-tonic (e.g. in 
post-cadential overshooting). 

(2) Mathematically equivalent (or closely related) concepts are revisited: Eytan Agmon (1989): diatonic scale, 
John Clough and Jack Douthett (1991): hyperdiatonic scale. I argue that, and illustrate how, the detection of 
such equivalences augments the amount of music-theoretical knowledge. Formal Concept Analysis (Ganter& 
Wille 1999) serves as a theoretical and methodological background for revisiting the scale taxonomy by Clough 
et. al. (1999). I argue, that the detailed distinction of different senses (modes of presentation) on the 
paradigmatic level, provides a useful refinement of the conceptual inventory for analytical purposes. 

(3) I discuss the meaning of `subdominant' in the context of the structural modes as proposed by Karst de Jong 
and Thomas Noll (2011). The underlying structural scale is the smallest instance of a diazeuctic scale. De Jong 
and Noll call the three scale degrees in each of these three modes tonic, subdominant and dominant and 
thereby interpret the three tonal functions in purely scale-theoretic terms. Their emphasis of the dual 
articulation of tone- relations through structural steps (M2 and P4) and structural shifts (P5 and P4) is 
reminiscent of the two senses of `subdominant' as described in (1). The subdominant in the first structural 
mode P4-M2-P4 also behaves as in (1). But the subdominant in the second structural mode M2-P4-P4 (typical 
for II V I progressions) has a fifth contiguity with the dominant rather than the tonic. These modal refinements 
will be carried out. 

 


